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A is the set of annuli IN(L) — N(R). Similarly let N; = (S® — N(L;)) — N(R;)
with dN; = RT UR; UA; 1=1,2. Assume that R is oriented so that the + side
of D points into the ball containing R; where D is the disc along which R; and
R were summed. Let E = (S? —D)N N where S? is the sphere separating R
and R,. Let B; be the ball bounded by S? containing R;.

Key observation (Figure 1). If P, = (N -N (E))NB; then after a small isotopy

Svfveed v

R} =RTnP U(N(E)nP,— N(ENR"))

ﬂf)ﬂ)/)lr'lﬁdll Ny=Ps

Rf =R*NP,

q m /Q( Ry = R~ NP,U(N(E)nP,— N(ENR™")).

e 7< ow 7 induces a codimension 1 transversely oriented foliation G on N so that
G is transverse to A, tangent to Rt UR™, § and §|A have no Reeb components
and ¥ is obtained from § by gluing R* to R~. By construction E is transverse
to § in a neighborhood of dE. By Thurston [T-1] or Rousserie [R] and the
Poincaré Hopf index formula one can isotope E so that E is transverse to §
except along a finite number of saddle tangencies whose indices add up ton—1,
if E is a 2n gon . Here we use the fact that 7 Elas no Reeb components. We will
now construct the desired foliation on S — N(L;). The other case is similar.
Define G; = G|Ny. §1 is a singular foliation. Our goal is to heal the scar.

LEMMA. Ifz is a point of E tangent to Gy, then the normal to G at z points
out of N;.

Proor. It follows from the Poincaré Hopf formula that if M is a 3-manifold
and X is a non-singular vector field pointing normal to dM, then x(d4) = x(3-)
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FIGURE 1
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