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EXAMPLE : W(0)= eit
,
W : Co

, it]-> K
,
L(0) =i.

-

-
-

LEMmA : SuppOSE W : <a ,b]-> A CONTOUR-
-

Suppose 8 : [c
,
d]-> [aib] DECEWISE C

AND BIJECTIVE . THEN LIV . 2) = (10) ·

So REPARAMETRISATION IS "FREE"

G MINEQUALITY .

IS SUPER USEFUL

LEmmA : SUPPOSE VICI IS A DOMAIN
. SUPPOSE

-

fin->K IS CONTINUOUS · suppose U : [a b)-> U

A CONTOUR . DEFINE

m (f ,0) = max[(f(UC))) : + +( ,b]].
TEN :

1/07dz) = m . L (MEMI



() ELEMENT Of RCUMENT
HERE "ELEMENT of Q" MEANS :

2) "A BAT of Q"

(ii) THE THENS YOU INTEGRATE TO GET Q.

So DEFINE do yvar

CAN DERIVE THIS BY DIFFING = tan(d) .

DEFINE
,
FOR CONTOUR V : [a,b]-+4*

THE VARIATION
-Y(V) = )do =J of ARGUMENT:-

LEMMA : U
,
U GIVEN . 5 : [c ,d]-> [a ,b] REPARAM ,

-

THEN Y(005) = & V (O) ,
If &(c) = a

-X(r) IF 5(c) = b.

PICTURE : EXAMPLE mik-
-

·Inja
~

. *
[ANGLE-LIFTING]

PROP : Suppose U : Ca
,b]-> CONTOUR

.
FIX ANY

-

&E ARGLU(a)) . THEN THERE EXISTS A UNIQUE

BRANCH O : [a,b]-> R of ArgoU WITH

O(a) =Ga



PROOF : WE NEED O: [2
,bT-> IR CONTINUOUS

-

WITH (i) O(a) = On

(i) Oct) E ARG(Ult) ·

RICTURE
↓

DEFINE(t)=a
+V (UK<ait])

SO CONTINUOUS BKC INTEGRAL
-

g AND O (a)=Oa BY CONSTRUCTION.

- DEFINE (t)= 10 It)l
.

DEFINE not) = rit) · eith/(H).
EXERCISE : h'(t) = 0 ·
-

Also h(al = 1
.

So hit)=1 For ALL t . It
.

--

4)

EmEnt m=xi+yDEFINE

so 2rdu = 2xdx + 2ydy
so dr=d,

a

INVAR

EXERCISE
-

Jdr =) = (D) - V(

CHANGE IN RADIUS FOR U : (a,b]> KY


